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Lfunctions. as∞ζ(z) =X n−z.n= will eventually extend ζ(z) to a function analytic in whole complex plane except for z =where

it will have a simple pole. Theorem The zeta function can be extended analytically to the whole complex plane, into a

meromorphic function, with one pole, which is a simple pole, at the point1, with residueWe can write both ζ The series

converges for RE(s) > 1, while for s =we have the series X n>n which Riemann's Main Formula; ChapterThe Prime Number

Theorem; ChapterDe la Vall6e Poussin's Theorem; ChapterNumerical Analysis of the Roots by Euler-Maclaurin Summation;

ChapterThe Riemann-Siege1 Formula; ChapterLarge-Scale Computations; ChapterThe Growth of Zeta as t?8 and the

Location of Its Zeros; Chapter Riemann did not prove that all the zeros of ˘lie on the line Re(z) =This conjecture is called the

Riemann hypothesis and is considered by many the greatest unsolved problem in mathematics. z) > 1} Ined. H. M. Edwards’

book Riemann’s Zeta Function [1] explains the histor ical context of Riemann’s paper, Riemann’s methods and results, and

the subsequent work that has In this section, we define the Riemann zeta function and discuss its history. We now divert

our attention from algebraic number theory to talk about zeta functions and. The extension is not accomplished by “analytic

continuation” (see Chapter IX), but by relating the ze The Riemann Zeta Function The Riemann zeta function is de ned by

the p-series (p) = X1 n=n p =+p 3p+; valid for p>1, (1) which converges for p >by the Integral Test (and diverges for p 1)

Riemann’s Zeta Function Joël Rivat The Functional Equation of Zeta The zeta function is defined for (s)>1by ζ(s) = +∞ n=ns.

We relate this meromorphic function with a simple pole at z =(see Theorem Note Riemann showed that the function (s)

extends from that half-plane to a meromorphic function on all of C (the \Riemann zeta function"), analytic except for a

simple pole at s= Riemann’s zeta function and the prime number theorem. H. M. Edwards’ book Riemann’s Zeta Function [1]

explains the histor-ical context of Riemann’s paper, Riemann’s methods and results, and the nalytic on tion VII The Riemann

zeta functio. As we Riemann’s zeta function Riemann’s zeta function is defined to be ζ(s) = X n>ns.
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